For convex d-polytope P let f t {P) equal the number of faces of P of dimension i, 0< i < d -1. f(P) = (f 0 (P) 9 . . . , fd^QP)) is called the f vector of P An important combinatorial problem is the characterization of the class of all /-vectors of polytopes, and in particular of simplicial polytopes (i.e. those for which each facet is a simplex). McMuUen in [5] conjectures a set of necessary and sufficient conditions for (/ 0 , . • . 9 f d~i ) to be the/-vector of a simplicial d-polytope and proves this conjecture in the case of polytopes with few vertices. We sketch here a proof of the sufficiency 3 of these conditions, and derive in a related way a general solution to an upper bound problem posed by Klee.
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The /-vectors of simplicial <i-polytopes satisfy the Dehn-Sommerville equations where we put f" x {P) = 1. As in [6, p. 170] , for af-vector ƒ = (/ 0 , . . . ,f d^x ) and integer e > d let with the convention that £_ x = 1 and f f = 0 for / < -1 or i > d -1. We note here that these relations are invertible, allowing us to express the f ( (1) is just the set of Dehn-Sommerville equations^, the conjectured necessity of (2) is known as the Generalized Lower Bound Conjecture( [7] 9 [6, p. 178] ). We will sketch a proof of the following and 92 allow us to solve for fcj e) (32) in terms of hj d+ l) (E). In particular [7] . Once this is done, the desired simplicial polytope P can be obtained as previously described.
A PROBLEM OF KLEE ON UPPER BOUNDS. For 3 <d <r<v, a polytope (resp. spherical complex) P is of type (d y v y r) if P is a d-polytope (resp. (d -1)-spherical complex) with v vertices, one of which is incident to precisely r edges. The problem, stated by Klee in a dual fashion, is to determine max f d -x (P) over all simplicial polytopes P of type (d, P, r). Klee places bounds on this number and determines it in some particular cases [3] , [4] . We offer the complete solution with the following THEOREM y -1, d) The bounds are established in the same manner that Stanley uses in [8] , relying on the fact that A-vectors of simplicial spheres are 0-sequences. P* is obtained from a construction similar to that used in the proof of Theorem 1. Here, however, the desired polytope is conv(C(V -1, d) U {z}) for an appropriate z. By a triangulation argument similar to that of pulling vertices of polytopes it can in fact be shown that P* achieves the maximum number of /-dimensional faces over the class of all (not necessarily simplicial) spherical complexes of type (d, v, r) . (Spherical complexes are defined in [6] .)
Let S be a simplicial sphere of type (d, v, r). Then f ( {S) < f ( (C(
) + fffXr + 1, d)) -f t {C{r t d)\ 0 < i < d -1.
